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Abstract

Higgs boson decay to bottom, anti-bottom quarks is the major decay channel due to the
fact that these quarks have a relatively high mass and the Higgs coupling to a particle
is proportional to its mass. This process is difficult to detect experimentally because of
the jets produced by the quarks. In computations of this decay at next-to-next-to-leading
order (NNLO), there is a specific term which has been claimed to be finite on its own
and negligible. This term corresponds to the interference between two specific processes,
firstly, the Higgs coupling to a top-quark loop, from which two gluons are produced and
one of them produces a pair of bottom quarks. The other diagram being Higgs boson
decay to bottom anti-bottom quarks, and emission of a gluon from one of these particles.
The aim of this paper is twofold: firstly, to show that this term is finite on its own by
means of theoretical arguments as well as by analysis of numerical results. Secondly, to
check that this term is negligible as it has been claimed.

Analyses of numerical results indicates that the term is finite, but its contribution is bigger
than the current theoretical uncertainty. Thus, it is not negligible.



Popular introduction

Particle physics is concerned with the small particles that all things around us are com-
posed of. So, in a sense, it aims to find out what are the Lego bricks building up the
universe. This is not an easy task and, for decades, scientists have devoted a lot of time
and work to it. For instance, in the 19th century it was believed that the fundamental
piece, our Lego brick, if you wish, was the atom. However, later on, when people were
shooting things at a thin golden sheet, they found out that that was actually not quite
true. In fact, the atom is made up of a positively charged nucleus and negatively charged
particles, electrons, going around. Later on, yet again, scientists found out that the nu-
cleus is made up of more fundamental particles - up and down quarks - and up to this
point, it has been experimentally shown that these are fundamental particles.

More generally, it has been found that there are a total of 12 fundamental particles which
matter consists of also known as fermions, and 5 bosons or force carriers, which act like
messengers between the other particles. Understanding how these bosons and fermions
interact answers questions like, for example, why most matter around us is made up of
only 3 fundamental particles. As it turns out, not all particles are equally long-lived
and how long-lived they are can be understood from how they interact. For example,
the analogue of the electron, but slightly heavier, is called the muon and it only lives a
fraction of a second! Afterwards, the muon decays into an electron and two very light
particles known as neutrino.

To calculate how likely a way of decaying is, we normally make use of so-called Feynman
diagrams. Feynman diagrams describe interactions through lines and points, where lines
represent particles moving in space and points represent the interactions between particles.
Counting the number of points in the Feynman diagram gives an idea of how likely the
process is. Generally, the more complicated the diagram is the less likely it is that the
process occurs.

But, when calculating the likelihood of some slightly more complicated interactions, the
probability goes to infinity. This is not very good, but there are some known ways of
solving this issue.

In my thesis, I focus on a particular decay of the Higgs boson - this heavy boson gives
mass to other particles and decays quickly. More precisely, my thesis studies whether this
particular decay is finite and how large it is, compared to the simplest diagram of the
decay. In general, understanding these type of slightly-more-complicated diagram helps
creating a better understanding of one of the Lego bricks. For my thesis, the Lego brick
of interest is the Higgs boson.
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1 Introduction

In the 1960s, one of the apparent problems with the Standard Model was that it predicted
particles to be massless. The solution to this problem came independently from P. Higgs,
F. Englert and R. Brout in 1964 [1], [2], who later won the Nobel prize for the mechanism
giving mass to particles in the Standard Model. In this mechanism, later referred to as
the Higgs mechanism, particles acquire mass from the interaction with the theorised, and
later known as, Higgs boson.

It was not until 2012, though, that the Higgs boson was found at the Large Hadron
Collider (LHC) as reported by the CMS and ATLAS collaborations [3], [4], respectively.

Since then, the goal has been shifted towards learning about the Higgs boson’s properties
in more detail. One relevant aspect to look at is the main decay channel of the Higgs boson
to bottom quarks. This decay channel is dominant due to the fact that the coupling of the
Higgs boson to particles is proportional to their mass - the top quark, as well as the W, Z
bosons being too heavy to be produced by Higgs boson decay. From the experimental
point of view, the Higgs boson decay to bb is relevant to measure the Yukawa coupling of
the Higgs to bottom quarks (Y;). However, this decay channel is rather difficult to detect
experimentally.

Including next-to-leading order (NLO) terms in the calculation of the matrix element has
significant impact, whereas for next-to-next-to-leading order (NNLO) the decay rate is
changed only slightly with respect to NLO (see, for example, Figure 1 in Ref. [5]). This
shows that in order to improve the accuracy of decay rates, couplings, etc., it becomes
relevant to include higher order terms (corrections) and it also hints at the fact that there
is some convergence of the terms, that is, higher order terms tend to converge to some
specific value such that at some point including even higher order corrections does not
improve the results significantly.

For Higgs boson decay to bottom, anti-bottom massive quarks, the decay rate is known up
to NNLO, that is, o?. However, these computations, such as in Refs.[6], [7], have omitted
the interference terms shown in Figure [1| as, according to these authors, the terms are
finite and negligible. These interference terms are referred to as real-virtual, Figure [Ia]
and double virtual, Figure [ID] following the notation introduced in Ref. [§].

(b)

Figure 1: The two interference terms at NNLO previously omitted. The diagram on
the left interference is denoted as real-virtual interference, and the diagram on the right
is known as double-virtual interference.

Except for Ref. [8], where an analytical formula is given for the matrix element of the
interference, the contribution has been previously neglected. In this paper we focus on
the contribution given in Figure [1a], referred to as real-virtual interference term in Ref.
[8]. In particular, we show that the real-virtual interference term is finite in two ways:
firstly, by means of theoretical arguments and, secondly, by simulating the interference



term in MadGraph5_ aMCQ@QNLO. Additionally, we compute the value of the contribution
and compare it to the leading order to see if it is negligible or not.

The thesis is organised as follows. In section [2], we give some theoretical background, par-

ticularly focusing on the perturbative expansion of Higgs decay to bb and explaining how

this expansion is granted to be free of infrared divergences by the Kinoshita—Lee—Nauenberg
theorem. We also give some arguments for why the contribution of interest is finite on

its own. In Section [3| we present the syntax for the simulation of Higgs boson decay in

MadGraph5 aMC@NLO. In Section [4, we present the analysis of the results showing that

the contribution is finite but not negligible. The thesis concludes with Section [5, where

we give possible ways of extending this project.

2 Theory

In this section, we discuss the perturbative expansion for H — bb. We briefly talk about
divergences that appear when finding the matrix element. The section concludes by
discussing the convergence of the virtual-real interference term.

2.1 Perturbative expansion

For a general decay, say A — B, the matrix element can be expanded as a power series
of the coupling constant relevant for the interaction, a for our example, as shown in the
following equation:

Mg =MD +am®) +PMP + (1)

where the subscript indicates the final product(s). Typically, the total matrix element is
not calculated exactly, but instead is approximated to some order, ™. This is due to the
fact that there are many diagrams contributing at high orders, and generally the higher
the order the more likely these terms are to be a small contribution to the total expansion
- though this only holds if the coupling constant takes a small value in the regime that is
being considered. For, say n = 1, this approximate element squared is given by

Mal? = IMEP+ MG+ a [(MP) M + (MG M)
= |MPE + 20 Re{ M (MP)" | + 02| M 2)

where the first term in Eq.(2) is referred to as leading order (LO), the second term, which
corresponds to the interference between Mg) and Mg). This term contributes to as
next-to-leading order (NLO), and the third term contributes to next-to-next-to-leading
order (NNLO). The same way of naming the terms applies to higher-order terms.

Another relevant point to make is that the power series expansion can be done at the
matrix element level, such as in Eq., or at the squared matrix element level, such as
the one in Eq.. However, it seems more intuitive to expand first at matrix element
level to then see where the interference terms come from.

When A can decay to B and also to C', the total matrix element can be obtained as
follows:

|Mror|? = [Mp]* + | Mc|?, (3)

where M p and M are power expansions as shown in Eq.. Here we add the squares
of the matrix elements because the final products are not the same.



The same power series expansion, as done in Eq., can be performed for H — bb. In
this case, the coupling constant is «ay, as processes including quarks are more likely to
interact via the strong force rather than interacting electromagnetically E]

My =MD + a M + 2MP + ., (4)
In this expansion, the first term corresponds to the Higgs boson decaying to a bottom-
anti-bottom quark pair, the second term includes a virtual gluon loop connecting the
bottom quark to the anti-bottom quark, and so on. Some terms from this expansion are
drawn as Feynman diagrams in Figure [2|

(a) (b) (c)

Figure 2: Sketch of some of the Feynman diagrams for H — bb. The first diagram
corresponds to the zeroth order term, the second one contributes to NLO, and the last
one is an example of a process contributing to NNLO.

Figure [2[ shows that the LO term, or /\/ll()g)7 is a tree-level diagram; NLO terms, /\/ll%), in
some cases contain a virtual loop; NNLO terms, Mg), sometimes contain double virtual
loops.

A similar expansion can be done for H — bbg.
My, = as M@ +azm® 4 (5)
g bbg bbg )
In this case the zeroth order term in the expansion, the coupling constant appears in
the square root instead of to the power of zero, as in Eq., because of the additional

gluon-bottom quark vertex. Similarly, for the first-order term, since there is a top-quark

loop, there are three gluon quark vertices and each vertex amounts to one gs = v/4mas.
This is shown in Figure 3D

=l
ol

(a) (b) (c)
Figure 3: Sketch of some of the Feynman diagrams for H — bbg. The first two diagrams
3

correspond to the zeroth-order terms and the last one is an example of a process at aZ.

I This is because o is orders of magnitude greater than the electromagnetic coupling constant.
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In the expansion for H — bbg, the LO term is still tree-level, and the NLO term sometimes
includes loops, as in the case shown in Figure

For this particular Higgs boson decay, it is also possible to approximate the matrix element
by the lowest order (in ;) terms as the strong coupling constant is rather small at high
energies. This can be seen from the running of the strong coupling constant. In particular,
its dependence on the energy transfer ¢ is given by (See Ref. [9]):

o)) = os{it)
: T+ (0a(u8)/120) (110 — 20) In (171 /2)

where n is the number of colours, and f the number of flavours. Or graphically in Figure
M], we see that the coupling constant is close to 0.1 for energy transfer close to the Higgs
mass, namely 125 GeV.
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Figure 4: Plot showing the theoretical coupling constant and its dependency on the
energy scale (Q = |g|). The values are taken from measurements at TRISTAN and LEP.
The Picture taken from Ref. [10], p.595.

From this, we can conclude that at high energies, or small distances, the coupling is small
such that it does not affect the validity of the matrix element expansion done previously.

2.2 On UV and IR divergences

In diagrams containing virtual loops, such as the one in Figure there are no restrictions
on the virtual particle’s momentum [11]. This implies that when calculating the matrix
element, the virtual particle’s momentum must be integrated over all possible momenta.
In these cases, the matrix element is proportional to the following integral (due to the

propagators):
d'k
M x /?,

which diverges logarithmically for high momenta. This is known as a Ultraviolet (UV)
divergence. This type of divergence is solved by various regularisation schemes, such
as dimensional regularisation. Dimensional regularisation makes the integral finite by
introducing a dependence on the energy scale and reducing the number of dimensions to
4 — € dimensions. To make the result physically meaningful, the general procedure is to



renormalise and, in doing so, the dependence on € disappears, at least for renormalisable
theories such as QCD.

The opposite type of divergences, Infrared (IR) divergences, result from considering the
low energy regime. These divergences appear in cases where a massless particle is emitted
at very low energy or when it is emitted collinear to the particle that emits it.
This is the case for Higgs boson decay. More precisely, H — bb includes UV divergences
because of the virtual gluon loop at NLO, as shown in Figure [2and H — bbg contains IR
divergences due to the real gluon being emitted from the bottom quark or anti-bottom
quark. Mathematically, the latter type of divergence can be seen by looking at the bottom
quark propagator: . .
) i

1A s Bl P (6)
where p, is the 4-momentum of the gluon, p; is the 4-momentum of the bottom quark,
and my is the mass of the bottom quark. Expanding the denominator as follows:

0
(g +p1)* =i = P+ i+ 2y — il

= 2(EvEy — pb - py)
= 2(E,E; — Ej\/ E} — m} cosO,,)

_ o™
=2EE, |1 1 72 €08 Ohg | - (7)
b

Eq. shows that the denominator can go to zero if the gluon’s energy goes to zero, soft
divergence, or if the angle between the gluon and bottom quark goes to zero for massless
quarks, collinear divergence. In this thesis, quarks are massive, so the focus is on soft
divergences.

In the following, we show why this type of divergence could appear and how to solve
them in the general case. IR divergences arise from the experimental fact that a quark
with a soft, or collinear, gluon cannot be distinguished from a single quark without a
gluon. Similarly, for the case of the emission of a multiple soft, or collinear, gluons, the
experimental signature would be a single jet. Thus, in this case, the emission of one, or
several, soft collinear gluon(s) is indistinguishable from a single quark. Therefore, we see
that from the point of view of the observables or experimental signature, a quark emitting
a soft, or collinear, gluon is a degenerate state of a single quark without any gluon.

Putting it differently, in Quantum Field Theory energy levels are characterised by the
number of particles occupying such state (see Ref. [12], p.54), and here we see that this is
no longer the case because a single quark and a quark with a collinear gluon are, in fact,
degenerate states, even though the number of particles is different in each case. One way
to argue, given in Ref. [13], p.338, is that the soft gluon loses "its particle nature”, leading
to this characterisation of energy states being insufficient. This means that, ultimately,
we are not including all the relevant diagrams. This is the cause for the appearance of IR
divergences.

The cancellation of this type of divergence is done by including all final and initial de-
generate states, and, formally, the convergence of the matrix element is ensured by the
Kinoshita—Lee-Nauenberg (KLN) theorem [13]. In the case of the Higgs boson decay,
this entails including H — bb, H — bbg, H — bbgg, H — bbggg, etc. Including these



degenerate states in the power expansion, presented in the beginning of the section, yields:
0
’Mb5|2 :’Mg(,g;)’Q
s (M@ + 2Re{ M) (M) })
1 0 1 0) \* 2 0)\*

a2 (MR + 1M+ 2Re{ M (M) |+ 2Re{ M (M) )

+... .
To summarise, the importance of KLN theorem lies in the fact that it ensures convergence
at each order. That is, convergence does not come from adding terms at all orders,
but from adding all relevant terms at each order. This is rather useful as it allows for

computation of matrix element at some fixed order and provides a method for cancelling
possible IR divergences.

2.3 Arguments for convergence

In this subsection we investigate the convergence of the virtual-real interference term. To
do that, we study the propagators labelled in Figure [f

Figure 5: Virtual-real interference term with labels for each propagator.

Starting with the amplitude of the top-quark loop, the amplitude is proportional to the
product of the propagators in the loop, as shown below:

/d4p1 N(plvpbapgvpg) . 1 . 1 (8)

pi —mi (p1 —pg)? —mi (p1 —pg— (po+p5))? — mi’

where p; is the top quark’s 4-momentum, and the function N (py, ps, pj, py) in the numer-
ator is a general factor coming from the Feynman rules. The integral in Eq.(g) is due to
the fact that there are no restrictions on the top quark’s momentum [12]. We notice as
well that the expression has no IR divergences because even if all the momenta cancels,
the mass of the top is not 0. Thus, the propagators in the top-quark loop do not lead to
divergences.

The amplitude of propagator (5) in the left diagram is proportional to:

1 1
AD o — = ——
Q> (po+pp)?
1
— 2 2 1 90 e
Py +Di + 2Pb - Py

1
©2m} + 2B, By + 2|5y |py] cos 6,5
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Eq.@ shows that the denominator is free of divergences for massive bottom quarks.
In the diagram to the right of Figure , we look at propagator (2). The amplitude for
this propagator is proportional to:
1 1
AWM =
Q2 =mi  (pp—py)? —mj
1

-0
%"’_}75_2]95'179_%
1

- —2B,(E; — |psl cosf,5)°

(10)

where the last fraction could contain divergences if the gluon was soft or if the anti-bottom
quark was massless and collinear to the gluon. This infinity can be cancelled because of
the diagram to the left in Figure More specifically, we note that the propagator for
gluons given in Eq.@ contains a factor, which was omitted. In particular, it can be shown
that this factor is proportional to:

Py - (0o + p)g™ — vl (DY + ), (11)

where g"” is the metric tensor, and p/ is the component of the 4-momentum of the
particle. Eq. shows that if the gluon’s momentum is 0, then the whole numerator
would go to O linearly, as does the denominator in Eq.. This means that as the
gluon’s momentum goes to 0, the interference term:

1) (0) y»
Re{/\/lbbg /\/lbbg } (12)
Mbbg (Mbbg) ~ C (13)
—0 —)oo

goes to some constant C. Thus, the interference term is finite.

With these arguments, we conclude that the contribution of interest has no IR divergences,
and it is then finite on its own.

3 Methods

For the purposes of this thesis, MadGraph5_ aMC@NLO was used. MadGraph5_ aMCQ@QNLO
(MG) [14] is a Monte Carlo based event generator that can be used to calculate decay
rates, and cross sections, among others. In the following, we give an outline of how MG
works in general, as well as how it is used in this project.

To explain the basic principles MG is based on, consider a function f(x), such as the one
shown in Figure [6]

11
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Figure 6: Plot of f(z) = /.

The issue we are concerned with is finding the integral of f(z) in the interval [z, xs] -
for the example depicted it would be from [1,100]. The Monte Carlo method consists of
evaluating the function at some randomly chosen points, z;, and then taking the average
of these. Mathematically,

. / dz f(z) ~ (22 — xl)% S f). (14)

In the context of particle physics, f(x) would correspond to the matrix element squared,
M?, which is integrated over the phase-space of the final state particles.

This means that the data obtained from simulations, or the randomly selected points to
continue with the example, are events. In each of these events, the final state particles -
b, b, g - have a specific momentum which is contained in the event file.

As explained in Ref. [15], Effective field theories (EFT’s) describe only relevant phenom-
ena within a certain energy scale or regime, neglecting other effects that do not play a
role. In general, these theories can serve to build the bigger, perhaps unknown, theory.
This approach is known as bottom-up view. EFT’s are also relevant in other cases when
it may be useful to construct a simpler theory even if the bigger, underlying theory is
known. Practically, this entails making simplifications to the bigger theory, thereby pos-
sibly reducing the computational complexity of the calculations performed within that
regime [15]. This is known as top-down approach.

This approach is used in Higgs Effective Field Theory (HEFT). HEFT is used in this
paper, since MG can only calculate decay rates of processes that can be drawn as a tree-
level Feynman diagram. As the contribution of interest contains a top-quark loop, we

need to transform it into a single vertex with an effective coupling. For this we make use
of HEFT.

In this paper, the goal is to calculate the decay rate of the specific interference contribution
shown in Figure [Ta]

Firstly, the model heft has to be imported to replace the top loop by an effective coupling
between the Higgs boson and gluons known as HIG. To specify the contribution in MG,
the following syntax was used:

generate h > b b~ g QCD"2==2 QED~2==1 HIG"2==1,

where ~2 specifies that the term of interest is in the expansion of the matrix element
squared, and the different coupling constants - QCD, QED, HIG - are used to determine
all the vertices that identify the specific real-virtual interference. In this way, QCD~2==2

12



comes from the two gluon-bottom vertex, QED"2==1, which corresponds to the Yukawa
vertex between the Higgs boson and the bottom quark pair, and HIG"2==1, which specifies
the vertex of the effective Higgs to gluon coupling (See Figure [7)).

diagram 1 HIG=1, HIW=0, QCD=1, QED=0 diagram 2 HIG=0, HIW=0, QCD=1, QED=
diagram 3 HIG=0, HIW=0, QCD=1, QED=1

(a) (b)

Figure 7: Feynman diagrams taken from MG showing the relevant couplings for deter-
mining the interference of interest.

To calculate the LO term, one can simply use the following syntax:
generate h > b b7,
this evaluates the simplest Feynman diagram.

4 Results

For the simulation of the Higgs boson decay, 10000 events were generated using the
syntax presented in the previous section. In this section, the simulation will be analysed
to ascertain the convergence and size of the contribution. The code used to make the
plots is available upon request.

4.1 On convergence

Firstly, in order to show that the contribution is finite, the ratio of the magnitude of
the momentum of the different particles is plotted as a histogram. Figure [§| shows the
ratio between the magnitude of the momentum of g over b. This plot indicates that the
momentum of the gluon is not necessarily smaller than anti-bottom quark’s momentum.
More precisely, the decay rate does not diverge as the gluon’s momentum approaches 0.
This means that in Eq.(13)), the constant would take the value 0. In other words, the
contribution is finite.

13



x10~6

Figure 8: Decay width as a function of the ratio of the magnitude of the momentum of
g and b.

4.2 Size of the contribution

Using the syntax described earlier, the integrated decay rate for the contribution of interest
was found to be 4.4 - 107° GeV. Whereas the total decay rate for the leading order term
H — bb, was 5.4 - 1073 GeV. Thus, the contribution of interest changes the decay rate
of the Higgs boson by 0.8%. As shown in Table 5 in Ref. [16], the branching ratio of
H — bb is known with an uncertainty of 0.2%. Thus, the contribution here presented is
not negligible.

The uncertainties of these values are not presented in this thesis, but it should be noted
that they are not dependent on the number of events generated.

4.3 Phase-space analysis

To analyse the phase space of the decay particles, namely bbg, the data will be plotted
in two different ways. Firstly, using Dalitz plots, and then by plotting the angle between
the decay particles.

4.3.1 Dalitz plot

A common type of plot used to visualise the phase-space of the decay products, particu-
larly for three-body decay, is the Dalitz plot.

In three-body decays, this type of plot shows the relation between m?2,, m3;, and m?,.
This serves as an illustration for how particles are correlated after the decay happened.
To see this, we first expand each of the squared masses:

miy = (p1 +p2)? = (p—p3)* = M*>+mj — 2MFE; (15)
mas = (p2+p3)> = (p—p1)> = M*>+mi —2ME, (16)
m%s = (¢ —|—p3)2 = (p —P2)2 =M+ m% —2M Es, (17)
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where the second equality comes from requiring momentum conservation, that is p =
p1 + P2 + ps with p = (M, 0).

Eqs.— show that, for example, the maximum in m?; happens when particle 2 is
at rest. In this case, by momentum conservation, particles 1 and 3 would have the same
momentum in magnitude but opposite in direction. Similarly, the maximum in m2, occurs
when the third particle is at rest. In such case, particles 1 and 2 are moving opposite
direction, meaning that the angle between them is 7.

In summary, each point in the Dalitz plot can be mapped to a specific configuration of
the momenta of the three particles.

Another relevant point to make is that an inhomogeneous distribution of points in the
Dalitz plot indicates the most common configuration of the particles after the decay
happened.

Figure [0 shows the Dalitz plot for the contribution of interest. The density of points in
the plot does not seem uniform indicating that the most likely configurations are: either
the bottom quark is very soft and b and ¢ have the same but oppposite momentum or b
is very soft and the momentum is equally distributed between b and g.

14000
14000
12000 4 12000
10000 10000
& o
= 8000 - 8000 =
S o
NE[% 6000 A 6000 NE@
2 -
000 2000
0 -

0 2500 5000 7500 10000 12500 15000
2 2
my(GeV?)

2

. . . . . . 2
Figure 9: Dalitz plot for Higgs boson decay. On the x-axis mg;, on the y-axis me and

the colour-bar shows mg, in GeV?.

From this we see that, on average, the gluon’s momentum is not in the soft energy regime.

4.3.2 Angular distributions

Plotting the angle between the particles also serves to reveal the particle’s direction and
momentum after the decay.

We expect the histogram of the angle between b and g to have a similar shape to the
plot of the angle between b and g, as the gluon can be emitted from either b or b without
particular preference. Also, from the preceding subsection about the Dalitz plot, we
expect the angle b and ¢ to peak around .

Figures [10] and [11] show that the histograms have a similar shape suggesting that there
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is no preference for the gluon being emitted from either of the bottom quarks, as it was
expected.

%106

I'/bin (

0.5 1

0.0 -

By, (rad)

Figure 10: Decay width as a function of the angle between b and ¢ in radians.
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Figure 11: Decay width as a function of the angle between ¢ and b in radians.

Figure|12]shows a more homogeneous distribution of angles. That is, there is no particular
preference for one angle, as opposed to the previous plots where there was a clear peak
at around m. The reason for this is that in most cases either the bottom quark or the
anti-bottom quark is soft, and the other one is hard. In other words, the angle of the soft
quark is arbitrary because its momentum is negligible compared to the other particles’
momenta.
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Figure 12: Histogram showing the angle between b and b in radians.

5 Conclusion

In this thesis the main focus was to study an interference term of Higgs boson decay to
bb at next-to-next-to-leading order in the perturbative expansion in a;. We have shown
that this term is indeed finite on its own and, using MG to simulate the decay, we have
computed how large this contribution is compared to the leading order and concluded
from this that the term is not negligible.

Some of the possible ways of extending this work may involve taking into account Higgs
boson production to the computation of the decay rate, study how possible uncertainties
might affect results here presented, and or, studying the other NNLO interference term
including a double virtual loop (see Figure .
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