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ABSTRACT 

Fuel cells are promising for future energy systems, because they are energy efficient and able to use renewable 

fuels. A fully coupled computational fluid dynamics (CFD) approach based on the finite element method, in two-

dimensions, is developed to describe a solid oxide fuel cell (SOFC). Governing equations for, gas-phase species, heat 

momentum, ion and electron transport are implemented and coupled to kinetics describing electrochemical and 

internal reforming reactions. Both carbon monoxide and hydrogen are considered as electrochemical reactants within 

the anode. The predicted results show that the current density distribution along the main flow direction depends on 

the local concentrations and temperature. A higher (local) fraction of electrochemical reactants increases the Nernst 

potential as well as the current density. For fuel mixtures without methane, the cathode air flow rate needs to be 

increased significantly to avoid high temperature gradients within the cell as well as a high outlet temperature. 

Keywords:  SOFC; Modeling; Hydrogen; Carbon monoxide; Electrochemical reaction mechanisms; Transport 

processes 
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1  INTRODUCTION AND PROBLEM STATEMENT 

Fuel cells (FCs) generate electricity and heat via electrochemical reactions (i.e., the reversed electrolysis 

reactions). There are a variety of designs developed for FCs, but they all operate with the similar basics and 

principles [1].  FCs are promising candidates for providing electrical power for future energy systems due to the 

high efficiency and low emissions of NOx compared to conventional power generation systems [2]. The solid 

oxide fuel cell (SOFC) operates at temperatures between 600-1000°C [3]. The ability of working at these high 

temperatures allows SOFCs to operate with different types of fuels no matter they come from a renewable or a 

fossil, such as methane, methanol, ethanol, gasoline, diesel, syngas, biogas and other oil derivatives [4-6].  

Moreover, SOFCs are more tolerant to contaminants than other FCs. In fact, the capability of reforming 

hydrocarbon fuels promotes SOFCs as prime candidates for leading the transition from conventional power 

generation with hydrocarbon based fuels to fuel cells which can operate under a wide range of fuels, especially 

those coming from renewable resources [3].  [ 4 , 5 , 6 ] 

 

If hydrogen and/or carbon monoxide are supplied as fuel, no reforming process is required as they can be 

directly used as electrochemical reactants. Thus, considering hydrogen and carbon monoxide as fuel, the 

reactions that take place within SOFCs can be globally described as follows: Oxygen is reduced at the cathodic 

three-phase boundary (TPB), as in eqn (1). The generated oxygen ions are transported through the electrolyte, 

but the electrons are prevented to pass through it. The electrochemical reactions between hydrogen and oxygen 

ions, eqn (2), as well as between carbon monoxide and oxygen ions, eqn (3), take place in the anodic TPB [7-8]. 
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When a fuel containing methane is supplied, the reforming reactions take place within the anode. Methane 

is reformed with steam (eqn (4)), the so-called methane steam reforming reaction (MSR). Carbon monoxide can 

be oxidized in the electrochemical reaction (eqn (3)) and also react with water (eqn (5)), the so-called water-gas 

shift reaction (WGSR) [7]. The reactions described here are the overall ones, more detailed reaction 

mechanisms can be found in [8].  
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Methane can also react directly with carbon dioxide, according to eqn (6), to produce hydrogen and carbon 

monoxide. This reaction is called dry reforming (DR) because there is no need of water. Methane can be 

oxidized according to partial oxidation (POx) in eqn (7) or with total oxidation (FOx) in (8), but also be 

reformed with steam in the MSR [9-10]. Note that eqns (6)-(8) are not implemented in this work, because it is 

assumed that the MSR has a significantly higher reaction rate. 
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Carbon poisoning is a major concern in SOFCs, when a fuel containing carbon, such as carbon monoxide or 

methane, is supplied to a Ni anode. The probability for coke formation deepens on the type of fuel, the steam-to-

carbon ratio, the catalyst composition and the temperature. Equation (9) describes the Boudouard 

disproportionation reaction, in which CO is converted into carbon at the catalyst surfaces, lowering the amount 

of CO available for electrochemical reaction and also causing carbon deposition at the anode surface. CO is 

reduced using H2 in eqn (10) to produce carbon and water vapor, contributing to carbon deposition and 

producing water [11]. The methane cracking is presented in eqn (11) [5]. It is clear that Ni/YSZ anodes are not 

suitable for direct oxidation of pure CO and the degradation would be rapid [11]. It should be mentioned that 

eqns (9)-(11) are not considered in our reaction model in the current study. However, carbon poisoning should 

be considered as the new anode catalysts are designed as well as the operating parameters are decided, in terms 

of the steam-to-carbon ratio and temperature, to avoid rapid degradation of the cell performance. 

 

22 COCCO   (9)
 

OHCHCO 22 2  (10)
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The electrochemical reactions in SOFC composite electrodes take place in the TPB region, where the 

electron conducting particles meet with ion conducting particles and also the pores containing gas-phase species. 

To enable electrochemical reactions the ion and electron conductors must also be in contact with their 
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corresponding base, i.e., the current collector in case of electron conducting materials and electrolyte in case of 

ion conducting materials, through other particles of the same type [12]. SOFC electrochemical behavior is 

mainly determined by the reaction ohmic, activation and concentration polarizations. The respective 

polarizations are strongly influenced by the microstructure of the electrodes and depend on the quantity and 

location of the TPBs [13].   

 

Using alternative fuels (compared to hydrogen) gives SOFC a major advantage because pure hydrogen is 

highly flammable and volatile, which makes it problematic to handle. Additionally hydrogen has low density, 

which makes storing costly. The price of hydrogen is normally higher, compared to for example natural gas, 

because hydrogen is not occurring naturally and need to be produced for example through steam reforming of 

natural gas or coal and sometimes by electrolysis [14]. Syngas and biogas contain a mixture of hydrogen, carbon 

monoxide as well as other gases and are found to be suitable for direct use in SOFCs. In SOFC modeling, it is 

common to assume that carbon monoxide is only reformed in the WGSR [15-16], i.e., the electrochemical 

reaction with carbon monoxide of reactant is neglected. This limitation is released in this paper and the aim is to 

investigate the impact on the Nernst potential, current density, mole fractions distribution, temperature 

distribution as well as the WGSR reaction rate within the cell. A parameter study is performed, varying the inlet 

fuel composition and the air flow rate. The uniqueness of our work besides the coupled hydrogen-carbon 

monoxide electrochemical approach includes the implementation of the tortuosity factors and the material 

specific volume fractions for the ion and electron transport within the electrodes as well as the kinetic approach 

for the WGSR rate, combined with a complete set of simultaneously solved governing equations with the global 

internal reforming reaction kinetics included.  

2  MATHEMATICAL MODEL 

A two-dimensional (2D) model for an anode-supported SOFC is developed and implemented in the 

commercial software COMSOL Multiphysics (version 4.3). Equations for gas-phase species, momentum, ion, 

electron and heat transport are solved simultaneously. The geometry, based on a standard cell at the Ningbo 

Institute of Material Technology and Engineering (NIMTE) in China, is defined in Table 1, and a sketch of the 

investigated cell can be seen in Fig. 1. Note that Fig. 1 is not to scale.  

 

The MINTE cell consists of a 400 m thick Ni (40%) / YSZ (60%) anode substrate and an active anodic 

layer of 15 m, where the electrochemical reactions occur. The electrolyte is a 10 m thick layer of YSZ. The 
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cathode consists of a 20 m thick active layer of LSM/YSZ and a buffer layer of 50 m LSM. Note that the 

anode active- and support layers have the same material composition, and the interface may not be very distinct. 

The major function of the anodic active layer is for the electrochemical reactions at TPBs, while the support 

layer should enable internal reforming reactions. Since the active region in the anode where the electrochemical 

reactions take place does not extend too long from the anode–electrolyte interface, a graded porosity can be used 

to maximize the amount of TPB in the active region. The high mechanical strength is maintained for the rest of 

the anode which is used primarily as the cell support and for internal reforming reactions, when hydrocarbons 

are supplied as fuel. The anodic porosity measured is 28 %. The fuel- and air flows are arranged as counter-

flows. For the testing, a fuel flow rate of 800 sccm and an air flow rate of 2000 sccm are used. The single cell 

sample has dimensions of 5·5.8 cm2, with an active area of 4·4 cm2. An alumina testing house is used, where the 

cell temperature is kept constant during the tests, i.e., 750 °C for this case. Voltage probes are placed on the 

surface of the anode- and cathode support. It should be noted that the NIMTE cell is tested with humidified 

hydrogen as fuel, compared to partly pre-reformed natural gas as well as different mixtures of hydrogen and 

carbon monoxide as investigated in the model. The experimental procedures at NIMTE are further described in 

[17-18]. 

 

 

Table 1: Cell geometry 
Cell Component Thickness 

Cell length 0.1 m 
Fuel channel height 1 mm 
Air channel height 1 mm 
Anode thickness 415 m 

Cathode thickness 70 m 
Electrolyte thickness 10 m 

Interconnect thickness 300 m 

 

2.1  Electron and ion transport 

The potential difference between the anode and the cathode current collectors corresponds to the total cell 

voltage (Vcell). The governing equations for the electron and ion transport are implemented as: 

 

 elYSZeleli   ,  (12)
 

 ioNiioioi   /LSM,  (13)
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where   the ionic/electronic conductivity, i the ion/electron current density,   is the potential,  el is the index for 

the electrolyte material (YSZ) and io for the electron conducting materials (Ni or LSM). The potential at the 

cathode current collector is set as the cell operating voltage (Vcell =0.7 V in this study) and at the anode current 

collector is set to zero. All other boundaries and interfaces are electrically insulated. The two electrochemical 

reactions (by H2 and CO) are treated as two reactions in parallel. Thus, the total local current density for the 

anode is calculated as the sum of the contributions by carbon monoxide and hydrogen anodic current densities, 

i.e.: 

 

2,, HaCOaac iiii   (14)

 

Both the Nernst potential and the current density would increase if a pure hydrogen fuel is supplied instead 

of the different fuel mixtures investigated within this study. However, the aim of this work is to investigate 

different fuel mixtures containing carbon monoxide as well as study the interaction between the electrochemical 

reaction with hydrogen and carbon monoxide respectively. The electrochemical reaction with carbon monoxide 

as reactant corresponds to 15-20 % of the total current, for the fuel compositions tested in this study. However, 

the impact from neglecting the carbon monoxide direct oxidation path on the total current is higher, due to the 

strong coupling between the current density, heat generation and local temperature. 

 

The electronic conductivities in the anode and the cathode as well as the ionic conductivity in the electrolyte 

material are calculated as [19-20]: 
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where T is the temperature. The electrons and ions can not be transported in a straight path in the electrodes, 

because the transport distance increases due to the real/functional material compositions and their micro 

structures. This is accounted for by using the structure dependent tortuosity factors and volume fractions. The 

effective ionic and electronic conductivity in the electrodes are defined as [21]: 
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where  is the tortuosity factors of charge transport and V the volume fraction for the specific materials, as 

specified in Table 2. Kanno et al. calculated (by LBM) the tortuosity factors and the values between 7 and 17 are 

found for Ni and between 6 and 14 for YSZ, respectively [21]. Iwai et al. evaluated the tortuosity factors 

statistically with the random walk process of nonsorbing particles as well as with the LBM method, and values 

between 6.91 and 29.46 were found for Ni and between 9.84 and 27.89 for YSZ, respectively, depending slightly 

on the evaluation methods, but mostly on the direction (x, y and z) [22]. Vivet et al. [23] calculated the 

tortuosity in the range of 3.04 and 6.24 for Ni, and between 1.79 and 2.10 for YSZ, respectively. For this work 

the dimensionless parameters for the electrode structure stated in Table 2 are employed. It is worthwhile to note 

that there is an negligible transport of oxygen ions in Ni material and of electrons in YSZ material [23], and 

therefore it is not considered in this study. 

 

Table 2: Charge Transport properties for the porous electrodes 

 VYSZ [24] VNi or VLSM [24] e [24] io el 

Anode 0.42 0.28 0.30 10 10 
Cathode 0.42 0.28 0.30 10 10 

 

The Nernst potential (ENernst) is determined by the difference in thermodynamic potentials of the electrode 

reactions. When a hydrogen-steam mixture is used as fuel, the Nernst potential can be calculated according to 

eqn (21) [25-26]. The Nernst potential for carbon monoxide as fuel is presented in eqn (23) [27]. It should be 

mentioned that the expressions for the Nernst potential for hydrogen and for carbon monoxide are developed for 

simplified pure mixtures, i.e., neither the (local) partial pressure of hydrogen, water or methane influences the 

Nernst potential for the reaction with carbon monoxide as electrochemical reactant, nor the partial pressure of 

carbon monoxide, carbon dioxide or methane influence the Nernst potential for the reaction with hydrogen as 

electrochemical reactant. Suitable Nernst potential expressions specific for more complex fuel mixtures are 

interesting to be developed in our future models. 
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where E0 is the temperature dependent Nernst potential at standard pressure and pi the partial pressure, at the 

TPB, in atm. The Nernst potentials are not the same. However, the charge transfer and the mass transfer 

mechanisms will ensure that the two parallel reaction rates adjust until a single cell potential (V) is obtained, 

such that [28]:  
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where R is the electrochemical resistivity. The activation polarizations are defined as [29-31]:29-30-31 
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where the index a stands for the anode and c for the cathode. Note that eqn (28) is derived from eqn (25) [28]. 

Notice that the activation polarizations in eqns (26)-(28) are connected to the validated expressions describing 

the local current density in eqns (46)-(48) (in section 2.5), including, e.g., the local temperature and 

concentrations. The respectively remarkable source of loss is discussed as the result is presented in section 4. 

 

The concentration polarizations are specified as [32]: 
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where pi,TPB stands for the partial pressure at TPB, pi,b the partial pressure at the interface between the gas 

channel and the electrode, R is the gas constant, F is the Faraday constant and ne is the number of electrons 

transferred per reaction. Note that the expressions for concentration polarizations within the anode do not 

include methane, neither the influence from carbon monoxide and carbon dioxide in the hydrogen concentration 

polarization (eqn (29)), nor the influence from hydrogen and water in the carbon monoxide concentration 

polarization (eqn (30)).   

  

 The Nernst potential can also be calculated for the electrochemical reactions with methane (eqns (7)-(8)). 

However, the Nernst potential differs significantly depending if FOx or POx occurs. The POx gives both a 

higher voltage and a higher gradient with temperature, compared to the FOx. For a fuel with mostly methane 

(and neither hydrogen nor carbon monoxide) at the inlet, eqns (2)-(3) start as hydrogen and carbon monoxide 

becomes available along the main flow direction [10]. The influence from the electrochemical oxidation of 

methane is neglected within this work, because the electrochemical oxidation rate of methane is neglible, 

compared to the ones for hydrogen and carbon monoxide. It should be noted that neglecting the electrochemical 

oxidation of methane is common for models presented within the open literature, such as in [33-34]. 

2.2  Momentum transport  

The gases flow inside the fuel cell components, such as in the fuel and air channels, and in the porous 

electrodes. Equation (32) is introduced and solved for the gas flow in the fuel and air channels and in the porous 

materials simultaneously [35-36], i.e., the interface conditions between the gas channels and the porous 

electrodes do not need to be defined.  
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where κ the permeability of the porous medium (1.76 ·10−11 m2),  is the volume force vector,   the viscous 

stress tensor and  the velocity vector. The viscosity (μ) and density () for the participating gas mixtures are 

evaluated by local mole fractions and temperature, as described in [

F

u


37].  

 

The gas inlet velocities are defined as a developed laminar flow profile, and the average values are based on 

the oxygen and fuel utilization, i.e., 12 % and 77 %, respectively, for the case with 30 % pre-reformed natural 

gas. The fuel flow rate is adjusted to supply the fuel channel with the same amount of hydrogen equivalents 

(hydrogen and carbon monoxide counts for one and methane for four) for all cases in the parameter study. The 

air flow rate is adjusted to reach the same outlet temperature for all cases. At the outlets, the pressure is fixed to 

1 atm. The relatively low oxygen utilization is applied in this study to limit the temperature gradient within the 

cell, because the (average) current density is relatively high, due to a high electrochemical active area-to-volume 

ratio. It should be noted that the extra amount of energy is needed for the air blower, with a low oxygen 

utilization, with a benefit to the decreased current density gradients along the main flow direction (due to the 

decreased temperature gradient also along the main flow direction). The authors investigated the influence of a 

graded electrode structure on the air flow rate (as well as current density distribution) in a recent study [38].  

2.3  Gas-phase species transport  

In the porous material, there are two kinds of gas-phase species diffusion mechanisms; Knudsen (collisions 

between the gas molecules and the pore walls) and molecular (collisions between two different gas molecules) 

diffusions. Knudsen diffusion is important when the mean free path is in the same order or bigger than the pore 

size, and molecules collide with the solid walls more often than with other molecules. At the SOFC operating 

temperature of around 1000 K, the mean free path of these gas components is about 0.2-0.5 m. In this study, 

the radius of pores is assumed as 0.34 m, which is of the same order as the mean free path. In other words the 

Knudsen diffusion should be included in the SOFC models. For a multi-component gas mixture system, the 

temperature dependent binary diffusion coefficients (Dij) are calculated by the expressions in [39], based on 

binary-component coefficients of the gases. The Knudsen diffusion coefficient of the component i with the 

component j in a gas mixture, Dk,ij, is calculated based on the free molecule flow theory, as described in [40]: 
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where r is the effective radius of the pores. In the porous media, there is an increased diffusion length due to the 

tortuous paths of connected real pores, and the effective diffusion coefficients are usually corrected by porosity 

( p ) and tortuosity [40-41]: 
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Equation (35) is used to describe the gas-phase species transport phenomena for each component inside the 

cell [36] and solved for the fuel and air channels as well as for the electrodes. 

 

  ij
T
ijjj

n

ij
ijeffi Sw

T

T
D

p

p
wxxDw 












 



 



uu,
   (35)

 

In eqn (35) w is the mass fraction, x the mole fraction of the respective species, n the number of species and Di
T 

the thermal diffusion coefficient. Si, the mass source term due to chemical reactions, is defined for the internal 

reforming and the electrochemical reactions. The eqn (35) is solved for O2 (and indirectly also for N2) on the 

cathode side as well as for ten different pairs of H2, CO, CO2, H2O and CH4 on the anode side. 

 

The boundary conditions for the outlets are defined as convective fluxes. The cathode inlet is defined as air, 

including oxygen and nitrogen. The anode inlet conditions are varied in the parameter study and presented in 

section 3.  

2.4  Heat transport 

A local temperature equilibrium (LTE) approach is applied, i.e., the temperature is assumed to be locally the 

same for the gas and solid-phases (within the electrodes). Previously a local temperature non-equilibrium 

(LTNE) approach has been applied [3]. However, the temperature differences between the phases within the 

electrodes (where both gas- and solid phases are considered) as well as the difference in overall temperature 

difference between the inlets and outlets were neglible. The LTE approach is applied to decrease the model 

complexity and to save computation time. The governing equation for the temperature distribution in this work 

is defined as: 
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  heffgpg QTkTc  u,
  (36)

 

here keff is the effective thermal conductivity, Qh the heat generation/consumption (source term defined in eqns 

(42)-(45)), and cp,g the gas-phase specific heat. Applying a LTE approach means that eqn (36) is valid over the 

entire model, i.e., no heat transfer coefficients between the solid- and gas phases as well as heat exchange 

coefficients at the channel walls need to be considered. Note that the overall governing equation for the heat 

transport reduces to pure heat conduction in the electrolyte and in the interconnector. The effective value of the 

thermal conductivity in the porous electrodes can be specified as [40]:  

 

  sgpeff kkk   1  (37)

 

where eff means effective, s solid and g gas-phase. The conductivity, the specific heat and the density for the 

solid materials in the different subdomains are outlined in Table 3.  

 

Table 3: Solid Material Parameters 

 

Thermal conductivity 

[42] (W/m/K) 

Specific heat [8] 

(J/kg/K) 

Density [8] 

(kg/m3) 

Anode  (Ni/YSZ) 11 450 3310 

Cathode (LSM/YSZ) 6 430 3030 

Electrolyte (YSZ) 2.7 470 5160 

Interconnect (stainless steel) 20 550 3030 

 

 

The specific heat for each gas species and the gas mixture is calculated as [43]: 
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where ak is the species dependent parameter (extracted from [43]) and “k” stands for the number of parameters 

involved in the specific heat calculation. The thermal conductivity for each species of the gas-phase, as well as 

for the gas mixture, is defined as [43]: 
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where ck is the species dependent parameter (extracted from [43]) and “k” stands for the number of parameters 

in the thermal conductivity evaluation. 

 

The heat consumption/generation due to the internal reforming reactions in the anode is implemented by: 

 

refrefrefh HrQ ,  (42)

 

where rref is the reaction rate (in mol/m3s) and Href the enthalpy change of the reforming reactions. The heat 

generation due to the activation and the concentration polarizations is defined as [20,44]: 

 

  eeconceactconcacth AViQ  ,,,   (43)

 

The heat generation due to the ohmic polarization is calculated as [20,44]: 
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The amount of the heat generated (within the cathode side)/consumed (within the anode side) due to the 

change of entropy in the electrochemical reactions is defined as [44]: 

 

F, 



e

e
eeh n
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where Se is the entropy change of the electrochemical reactions, calculated from the data in [45] for the anode 

and the cathode TPBs, respectively. 

 

The boundaries at the top and the bottom of the cell are defined as symmetry conditions, because it is 

assumed that the cell is surrounded by other ones with identical temperature distribution. The outlet is defined as 

convective flux and the inlet gas temperature is defined by the operating temperature (1000 K).  

2.5  Electrochemical reactions 

The current density is calculated separately at the anodic side for hydrogen and carbon monoxide according 

to the approach developed by Suwanwarangkul et al. [31], and presented in eqns (46)-(48). The electrochemical 

oxidation of methane (eqns (7)-(8)) is neglected, because the electrochemical oxidation rate of methane is 

neglible, compared to the ones for hydrogen and carbon monoxide [9,27]. Note that this electrochemical 
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approach also includes the gas-phase partial pressures, which are frequently neglected within the open literature 

and also in our previous models [3,37,44].  
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Here Keq the temperature dependent equilibrium constant for eqns (2) and (3), respectively and AVe is the 

electrochemically active surface area-to-volume ratio. For AVe an average value of 9·106 m2/m3 is applied in this 

work, which can be compared to 70·106 m2/m3, the measured specific surface area for Ni/YSZ material 

developed for SOFC anodes [46]. Note that not all the surfaces are available for the catalytic reactions, due to 

the distribution of catalysts, unavailable pores and mass transfer limitations among others. The trend for the FC 

development in recent years has been in the direction of employing smaller pores to get a larger AV. The 

approach applied in this work (from Suwanwarangkul et al. [31]) assumes that the pre-exponential factor of the 

CO oxidation reaction is 2.5 times lower than that of the H2 oxidation reaction, because the CO oxidation 

presents a much higher activation polarization than for the H2 oxidation reaction at the same current density. 

Also Ni [27] assumes the exchange current density for hydrogen electrochemical reaction to be 2.5 times that 

for the CO electrochemical oxidation. These assumptions can be compared to the result from Matsuzaki and 

Yasuda in [47], where it was concluded that the electrochemical oxidation rate of H2 at the interface in a porous 

Ni-YSZ cermet electrode and YSZ electrolyte is 1.9-2.3 times higher than that of CO at 1023 K and 2.3-3.1 

times higher at 1273 K. O´Brien and Giorgi [11] measured the CO electrochemical oxidation rate on NiCo/YSZ 

to be approximately three times slower than that of H2. Note that the difference in oxidation rates between the 

carbon monoxide and the hydrogen reactions is not the same as the difference in pre-exponential factors or 

exchange current densities, because the local concentrations and equilibrium constants are included as the 

current densities are calculated (for this study in eqns (46)-(48)). 
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2.6  Internal reforming reactions 

When a fuel containing methane and carbon monoxide is supplied, the reforming reactions take place 

within the anode. Carbon monoxide can be oxidized in the electrochemical reaction, but also reacts with water 

in the WGSR [48]]. Note that the WGSR is in general much faster than the carbon monoxide electrode reaction 

[47-49]. Methane reacts with steam in the MSR. The DR is neglected due to the relatively high fractions of 

water in the supplied fuel. The heat, which is generated within the cell (mainly from the electrochemical 

reactions), can be used for the internal steam reforming reaction within the anode and/or outside the cell for 

external reforming and pre-heating of the fuel and air. The reaction kinetics from Klein et al. [50-51] for the 

MSR (an Arrhenius form expression dependent on the active area-to-volume ratio) is presented in eqn (49) and 

used to calculate the reaction rates in this work.  

 



































  39
3

224

1937
exp1074.7

10225
exp943 HCOOHCHMSRMSR pp

TR
pp

TR
AVr  (49)

 

Equation (49) origins from experiments performed at Research Centre Jülish, and the anode material consists of 

Ni−8YSZ substrate with a standard composition of 50 wt% Ni [50]. For AVMSR an average value of 10·106 m2/m3 

is applied in this work, which can be compared to 70·106 m2/m3, that is the measured specific surface area for 

Ni/YSZ material developed for SOFC anodes [46]. 

 

Based on the global scheme for the anode, the expression for the catalyzed water-gas shift reaction from 

Haberman and Young [52] has been selected in this study: 
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The rate constant (kWGSR) and the equilibrium constant (KWGSR) are temperature dependent expressions calculated 

from the experimental data, as described in [52]. To verify if the WGSR is close to equilibrium or not, the rate 

constant (kWGSR) is increased 20 times. It is found that the difference in carbon monoxide mole fraction is less 

than 0.001 at any position at the anode/electrolyte interface for the case with partly pre-reformed natural gas. 
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3  SOLUTION METHODS AND PARAMETER STUDY 

All the equations, defined above, are numerically solved in COMSOL Multiphysics (version 4.3.0.233) using a 

stationary segregated solver with a direct (MUMPS) linear solver system. The governing equations are 

segregated in 5 different groups: 1. velocity field, pressure distribution and pressure corrections, 2. temperature 

distribution, 3. ion and electron distribution, 4. mass fraction distribution on the air side (O2/N2) and 5. mass 

fraction distribution on the fuel side (H2/H2O/CH4/CO/CO2). The segregated solver solves for 2 390 000 degrees 

of freedom and the tolerance is defined to 0.0001 for each segregated group. Grid independence was achieved at 

704 000 elements, after which the change (for the standard case with pre-reformed natural gas) in the maximum 

temperature is less than 0.03 %, in the maximum air velocity less than 0.08 %, in the oxygen consumption less 

than 0.16 %, in the minimum hydrogen mole fraction less than 0.11 %, in the methane conversion less than 0.21 

% and in the average current density less than 0.32 % (compared with the predictions by 1 070 000 elements). It 

should be noted that the mesh is finest close to the electrode/electrolyte interface and coarsest for the air- and 

fuel channels and for interconnects. The reason for such a mesh arrangement is mainly due to the fact that the 

charge transport and the electrochemical reactions (affecting the governing transport equations for ion, electron, 

mass, heat and momentum) appear only in the regions close to the electrode/electrolyte interface. The 

calculation time is in the order of several hours on a single computer with 16 GB RAM and a CPU with 3.40 

GHz.  

 

Within the parameter study the compositions at the fuel inlet are varied, according to Table 4. The fuel flow 

rates are specified to ensure that each case supplies the cell with the same amount of fuel, in terms of hydrogen 

equivalents. The (inlet) air flow rate is adjusted to keep the overall temperature difference between the inlet and 

the outlet constant. The “dimensionless air flow rate” (listed in Table 4) corresponds to the inlet air velocity 

relative to the one for the case with 30 % pre-reformed natural gas. Note that some of the cases within the 

parameter study contain a low steam-to-carbon ratio, i.e., the probability for carbon deposition becomes high 

close to the fuel inlet. However, this study aims to compare different fuel mixtures in terms of the 

electrochemical reactions. 
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Table 4: Parameters changed in the parameter study 

Case x H2 x CO x H2O x CO2 x CH4 
Dimensionless 
air flow rate (-) 

30 % pre-reformed natural gas 0.2626 0.0294 0.4934 0.0436 0.171 1.00 

1:1:1:1 fuel mixture 0.25 0.25 0.25 0.25 - 1.90 

4:4:1:1 fuel mixture  0.40 0.40 0.10 0.10 - 2.70 

6:2:1:1 fuel mixture  0.60 0.20 0.10 0.10 - 3.45 

2:6:1:1 fuel mixture  0.20 0.60 0.10 0.10 - 2.65 

 

4  SIMULATION RESULTS  

 The predicted temperature increases along the main flow direction (x-direction), as seen in Fig. 2, for the 

case with 30 % pre-reformed natural gas as fuel. Heat is produced due to the different polarizations, the change 

of entropy due to electrochemical reactions in the cathode and the WGSR in the anode. On the other hand, heat 

is consumed due to the MSR as well as change of entropy due to the electrochemical reaction within the anode. 

Normally an initial temperature decrease within the anode is expected as partly pre-reformed natural gas is 

supplied as fuel. However, this is not the case within this study, since a relatively low inlet temperature is 

applied together with a quite low inlet fraction of methane as well as a relatively high electrochemical active 

area-to-volume ratio, which gives a (initial) significant heat generation from the high current density. A 

temperature difference is predicted in the y-direction inside the air channel because the convective heat flux in 

the air channel is bigger compared to the one in the fuel channel due to the relatively larger mass flow rate. An 

increased cell temperature increases the cell current density. However, a too high temperature gradient or 

maximum temperature decreases the life length of the cell, due to material degradation and failure. The current 

density increases along the main flow direction mainly due to an increased cell temperature. The increase is 

limited because of the decrease in Nernst potential due to the temperature increase and the consumption of 

electrochemical reactants along the main flow direction. The pressure drop for the case with 30% pre-reformed 

natural gas is about 20 Pa on the anode side and 140 Pa on the cathode side. 

 
The current density distribution along the y-direction (i.e., the direction normal to the main flow direction), 

at the inlet and outlet, in the cathode (to the left), electrolyte and anode (to the right) can be seen in Fig. 3 and 

along the x-direction (i.e., the main flow direction) in Fig. 4. Note that for the anode and cathode, only the parts 

(20 μm) closest to the electrolyte interface are included in Fig. 3. The depth or thickness of the TPB region (in 

the direction normal to the main flow direction) is 1.0 μm for the cathode side, and 2.6 μm for the anode side. 

The thickness is defined as the region where 90 % of the electrochemical reactions occur.  It is concluded that 

the current density gradients are steeper on the cathode side than on the anode side. The depth of the active 
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electrochemical reaction zones is quite small compared to the designed active layers (for example, 20 and 15 μm 

for the cathode and anode, respectively, for the NIMTE standard cell). The current density increases along the 

main flow direction as the as the exchange current density increases due to the increased temperature. The 

increase in current density is limited, due to the decreased Nernst potential, caused by the temperature increase 

along the main flow direction. The ohmic resistance decrease from an increased temperature. It should be noted 

that also the consumption of electrochemical reactants and the generation of electrochemical products along the 

main flow direction decreases the Nernst potential. 

 

The potential distribution is shown in Fig. 5 for the positions close to the inlet and the outlet. The ideal 

voltage decreases along the flow direction due to both the temperature increase as well as the consumption of 

fuel and oxygen. It can be revealed from Fig. 5 that 54 % and 48 % of the polarizations occur in the anode at the 

inlet and outlet, respectively, 22 % and 25 % in the electrolyte at the inlet and outlet, respectively, as well as 24 

% and 27 % in the cathode at the inlet and outlet, respectively. The difference in the respective polarizations 

between different positions can be explained by the temperature distribution and the increased ohmic 

polarization due to the increased current density along the main flow direction. It should be noted that the 

relationship between the current density and voltage, the so-called I-V curve, changes along the main flow 

direction as the cell operating conditions evolve.  

 

The Nernst potential varies along the main flow direction, as presented in Fig. 6 for the case with 30 % pre-

reformed natural gas as fuel. The Nernst potential for hydrogen and for carbon monoxide as electrochemical 

reactants are not the same. However, the charge transfer and the mass transfer mechanisms will ensure that the 

two parallel reaction rates adjust until a single cell potential (V) is obtained, according to eqn (25). For this case 

the Nernst potential concerning the electrochemical reaction with carbon monoxide as reactant and carbon 

dioxide as product are slightly lower, compared to the electrochemical reaction with hydrogen as reactant and 

water as product. It is advantageous to increase the Nernst potential, because a higher current density can be 

achieved with the same operating voltage and temperature. The Nernst potential can be increased from a 

decreased temperature, a decreased mass transport resistance through the electrodes, an increased fraction of 

electrochemical reactants or a decreased fraction of electrochemical products. The Nernst potential decreases 

along the main flow direction, due to the increased temperature, decreased concentration of electrochemical 

reactants and the increased concentration of electrochemical products. 
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The overall results are presented in Table 5. It should be noted that the fuel flow rate is adjusted to supply 

the fuel with the same amount of hydrogen equivalents (hydrogen or carbon monoxide counts for one and 

methane for four) for all cases in the parameter study. Air utilizations of 4-5 % may not be reasonable for 

commercial fuel cell operation. However, in this study the air flow rate is adjusted to reach the same outlet 

temperature for all cases, which gives very low oxygen utilizations, because the current density is relatively 

high. It is clear there are advantages to supply the cell with natural gas (strongly endothermic reforming 

reaction) in terms of the amount of supplied air. Fuel utilizations around 90 % result in a low Nernst potential 

close to the outlet, i.e. high current density gradients along the main flow direction 

 

Table 5: Overall results 

Case 

Average 
current 

density (A/m2) 
Fuel 

utilization 
Air 

utilization  

Average 
inlet fuel 
velocity 

(m/s) 

Average 
inlet air 
velocity 

(m/s) 

Operating 
Voltage 

(V) 

30 % pre-reformed natural gas 8250 77 % 12 % 0.198 2.52 0.70 

1:1:1:1 fuel mixture 8700 85 % 5 % 0.386 4.78 0.70 

4:4:1:1 fuel mixture  10250 90 % 4 % 0.241 6.79 0.70 

6:2:1:1 fuel mixture  10750 86 % 5 % 0.241 8.68 0.70 

2:6:1:1 fuel mixture  9900 91 % 4 % 0.241 6.67 0.70 

 
 

 
The current density (Fig. 7) increases when a fuel containing a 1:1:1:1 fuel mixture of hydrogen, carbon 

monoxide, water and carbon dioxide is supplied, compared to the case with pre-reformed natural gas, due to the 

higher fraction of electrochemical reactants close to the inlet. The average current density is 8700 A/m2, 

compared to 8250 A/m2
 for the case with pre-reformed natural gas. However, the difference between the 

maximum current densities is bigger, 10500 A/m2, compared to 9600 A/m2. The hydrogen Nernst potential (Fig. 

8) at the inlet is increased (to 0.964 V) from an increased TPB fraction of hydrogen. However, at the outlet the 

hydrogen Nernst potential is decreased (to 0.795 V), compared to the case with pre-reformed natural gas (with a 

hydrogen Nernst potential of 0.942 V at the inlet and of 0.842 V at the outlet), due to a decreased mole fraction 

of hydrogen. The mole fraction distribution along the main flow direction, at the TPB, for the case implementing 

a 1:1:1:1 mixture of hydrogen, carbon monoxide, water and carbon dioxide as inlet fuel composition is 

presented in Fig. 9. Hydrogen and carbon monoxide are consumed in the electrochemical reactions and 

consequently water and carbon dioxide are generated along the main flow direction. Carbon monoxide has a 

slighter higher mole fraction than hydrogen at the outlet, because the equilibrium condition of the WGSR. The 

difference at the inlet between the mole fractions within the fuel channel (0.25 for all participating species) and 
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the TPB (as presented in Fig. 9) are due to the gas-phase mass transfer resistance within the anode coupled to 

the WGSR. Le Chatelier’s principle tells that the equilibrium constant for the WGSR decreases as the 

temperature increases along the main flow direction, because this reaction is exothermic. A decreased 

equilibrium constant means that the equilibrium proceeds towards the left, i.e., producing carbon monoxide and 

water (from hydrogen and carbon dioxide). For the WGSR the pressure has no effect on the equilibrium 

constant, because the products and reactants have the same number of moles within the reaction. Since the 

electrochemical reaction with hydrogen as reactant corresponds to 80-85 % of the current on the anode side, the 

WGSR is pushed proceeds towards the right producing additional hydrogen (and consuming carbon monoxide), 

i.e., opposite to the impact from the increased temperature along the main flow direction.” It should be 

mentioned that the fuel utilization is higher as the 1:1:1:1 fuel mixture is supplied, compared to the case with 

pre-reformed natural gas. However, the same amount of fuel, in terms of hydrogen equivalents, is supplied. 

Notice, the air flow rate is increased with a factor of 1.9 to compensate for the loss of cooling from the internal 

reforming reactions (to keep the outlet temperature constant), i.e., the electricity consumption in the air pump 

increases significantly and also the area required for heat transfer between the ingoing and outgoing streams has 

to be increased, compared to the case with 30 % pre-reformed natural gas. 

 

The average current density increases to 10250 A/m2 (Fig. 10) as a 4:4:1:1 fuel mixture of hydrogen, 

carbon monoxide, water and carbon dioxide is supplied. The current density is lower at the outlet compared to 

that at the inlet due to the low fractions of the electrochemical reactants at the TPB at the outlet, i.e., due to the 

high fuel utilization. The Nernst potential (Fig. 11) for both the reactions with hydrogen as well as carbon 

monoxide as fuels are increased throughout the cell, with the biggest increase at the inlet (1.021 V for carbon 

monoxide and 1.017 V for hydrogen), compared to both the case with pre-reformed natural gas (0.942 V for 

carbon monoxide and 0.938 V for hydrogen) as well as the one with a 1:1:1:1 fuel mixture (0.969 V for carbon 

monoxide and 0.964 V for hydrogen). This increase can be explained from the high (inlet) fractions of hydrogen 

and carbon monoxide as well as low fractions of water and carbon dioxide. An increased Nernst potential results 

in an increased activation polarization (with a constant cell voltage), i.e., the current density increases.  

 

The fuel at the inlet consists of a 2:6:1:1 mixture of hydrogen, carbon monoxide, water and carbon dioxide, 

which gives an average current density of 9900 A/m2 (Fig. 12). The current density decreases due to a lower 

Nernst potential (Fig. 13) as well as a lower hydrogen fraction at the TPB. The relatively low current density 
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close to the outlet can be explained from low concentrations of electrochemical reactants, i.e., a high fuel 

utilization. The Nernst potential decreases along the flow direction because the temperature increases, the 

electrochemical reactant fraction decreases and the electrochemical product fraction increases. The difference 

between the Nernst potential at the inlet and at outlet is bigger for this case (0.215 V) compared to previous 

cases (for example 0.099 V for the case with pre-reformed natural gas and 0.17 V for the 1:1:1:1 mixture), due 

to an increased difference between the electrochemical reactant fractions at the inlet and at the outlet. Note that 

the carbon monoxide mole fraction decreases from 0.60 in the fuel channel to 0.47 at the TPB at the inlet (Fig. 

14), mainly due to the WGSR within the anode. The WGSR rate (Fig. 15) decreases along the main flow 

direction, from 15 mol/m3/s close to the inlet to zero close to the outlet. The electrochemical reaction rate for the 

reaction with hydrogen as fuel is faster, compared to the one with carbon monoxide as fuel, because the 

activation polarization for carbon monoxide corresponds to a lower current density, compared to hydrogen.  

 
 

The highest average current density (from the cases presented within this work) corresponds to the case 

with the highest concentration of hydrogen, i.e., the 6:2:1:1 mixture of hydrogen, carbon monoxide, water and 

carbon dioxide, which gives an average current density of 10750 A/m2 (Fig. 16). The current density is 9800 

A/m2 at the inlet, due to the high concentration of hydrogen as well as the high Nernst potential (Fig. 17). The 

WGSR rate (Fig. 18) increases along the main flow direction, from -15 mol/m3/s close to the inlet to around 15 

mol/m3/s close to the outlet, because the electrochemical reaction with hydrogen is faster than the one with 

carbon monoxide. Note that the reaction proceeds backwards in the region close to the inlet, because the 

conditions (temperature and concentrations) are far from equilibrium, i.e., carbon monoxide and water are 

produced from hydrogen and carbon dioxide. Note that there is some local heat consumption as the WGSR 

proceeds backwards. As hydrogen is consumed along the main flow direction, in both the WGSR and the 

electrochemical reaction, the reaction turns forwards and starts to produce hydrogen from carbon monoxide.  

 

5  CONCLUSIONS 

A CFD approach is developed and implemented to analyze various physical and chemical phenomena, 

which take place inside a single cell of an anode-supported SOFC. Equations for momentum, gas-phase species, 

heat, ion and electron transport are solved simultaneously and couplings with kinetic expressions for 

electrochemical and internal reforming reactions appearing in various domains are considered. Both carbon 

monoxide and hydrogen are included as the reactants in the electrochemical reactions within the anode. The 
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electrochemical reactions are defined in a finite region close to the electrode/electrolyte interface and 

implemented as specific source terms in the governing transport equations. The activation polarization for the 

electrochemical reaction with hydrogen as reactant and the one with carbon monoxide as reactant does not 

correspond to the same current density, i.e., the two electrochemical reactions are treated as two individual ones 

in parallel and the total current density for the anode is the sum of the two.  

 

The usage of a fuel without methane increases the need of air significantly, in order to keep the outlet 

temperature constant, compared to the case with pre-reformed natural gas. The increased need for cooling is due 

to the lack of the heat consumed by MSR and also that the current density is increased. An increased air flow 

rate gives an increased internal electricity consumption due to the air pump and also increased heat transfer 

areas between the ingoing and outgoing streams. Consequently, it is important to include the operating condition 

when the fuel cell system is designed. For the case with an initial low concentration of carbon monoxide, the 

WGSR proceeds backwards in the region close to the inlet, because the local conditions are far from 

equilibrium. It is concluded that the WGSR within the anode results in high mole fraction gradients through the 

anode in the direction normal to the main flow direction. 

 

The current density distribution along the main flow direction depends mainly on the Nernst potential, the 

temperature as well as and the distribution of the electrochemical reactants and products. The temperature and 

the fractions of electrochemical products increase along the main flow direction. The Nernst potential and the 

fractions of electrochemical reactants decrease along the main flow direction. It is found that a fuel mixture 

containing a high fraction of electrochemical reactants (hydrogen and carbon monoxide) enables a high Nernst 

potential in the region close to the inlet, which increases the current density at the inlet. On the other hand, a fuel 

mixture including methane, i.e., with internal reforming within the cell, produces electrochemical reactants and 

consumes electrochemical products along the main flow direction, resulting in a decreased Nernst potential 

gradient along the main flow direction. The Nernst potential covering the electrochemical reaction with carbon 

monoxide has a stronger influence from changes in the operating temperature, compared to the reaction with 

hydrogen. The fact that the electrochemical reaction with hydrogen corresponds to a higher current density is 

also the reason for an increased average current density for the cases with a high hydrogen mole fraction at the 

fuel inlet. It is important to note that the expressions describing Nernst potential for the electrochemical reaction 

with hydrogen as well as for carbon monoxide are developed for “pure” mixtures.  
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6  NOMENCLATURE 

AV surface area-to-volume ratio, m2 m-3  

cp  specific heat at constant pressure, J kg-1K-1 

Dij  Maxwell-Stefan binary diffusion coefficient, m2 s-1 

Dk,ij  Knudsen diffusion coefficient, m2 s-1 

Di
T  thermal diffusion coefficient, kg m-1s-1 

E (actual) operating voltage, V 

E0 open circuit voltage at standard pressure, V 

F  volume force vector, N m-3 

F Faraday constant, 96485 C mol-1 

ΔH enthalpy change of reaction, J/mol  

i volume current density,  A m-3 

k thermal conductivity, W m-1 K-1, rate constant, - 

Keq equilibrium constant 

n number of species, - 

ne number of electrons transferred per reaction, - 

p  pressure, Pa or atm 

Qh source term (heat), W m-3 

R gas constant, 8.314 J mol-1K-1 

R electrochemical resistivity, Ω⋅m 

r average particle/pore radius, m, reaction rate, mol/(m3·s) 

ΔS entropy change of reaction, J/(K·mol)  

Si  source term (mass), kg m-3s-1 

T temperature, K 

u


 velocity vector, m s-1 

wi mass fraction of species i, kg kg-1 

x, y coordinate system, m  

xj molar fraction of species j, mol mol-1 

6.1  Greek symbols 

   viscous stress tensor, N m-2 
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 potential, V 

εp porosity, - 

η polarization, V 

κ permeability, m2 

μ dynamic viscosity, Pa s 

ρ  density, kg m-3 

σ ionic/electronic conductivity, Ω-1m-1 

τ tortuosity, - 

6.2  Subscripts and superscripts 

a anode 

act activation  

b electrode/gas channel interface 

c cathode 

conc concentration  

e electrode, , electrochemical  ca,e

Eeq equilibrium voltage (V) 

eff effective 

el electrolyte material 

ele electrolyte 

g gas-phase 

i molecule i  

io electrode material 

j molecule j 

Nernst Nernst potential  

ohm ohmic 

s solid-phase 

6.3  Abbreviations 

DR  dry reforming reaction 

FC  fuel cell 
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FOx  total oxidation reaction 

LTE  local temperature equilibrium 

LTNE  local temperature non-equilibrium 

IEA  International Energy Agency 

MUMPS MUltifrontal Massively Parallel sparse direct Solver 

MSR  methane steam reforming reaction 

NIMTE  Ningbo Institute of Material Technology and Engineering, China 

POx  partial oxidation reaction   

SOFC  solid oxide fuel cell 

TPB  three-phase boundary 

WGSR  water-gas shift reforming reaction 

6.4  Chemical  

C  carbon (coke) formation at the catalytic surface 

CH4  methane 

Co  cobalt 

CO  carbon monoxide 

CO2  carbon dioxide 

e-  electron 

H2  hydrogen 

H2O  water 

LSM  lanthanum strontium manganite 

N2  nitrogen 

Ni  nickel 

NOx  nitrogen oxides 

O2-  oxygen ion 

O2  oxygen  

YSZ  yttria-stabilized zirconia 
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LIST OF FIGURES 
 
 

 
Figure 1:  Sketch of an anode-supported SOFC, not to scale. 

 

 

Figure 2:  Temperature distribution (in K) for the case with 30 % pre-reformed natural gas as fuel. 
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Figure 3:  Profile of electron current density at the direction normal to the main flow direction at the inlet and outlet, 

for the cathode, the electrolyte and the anode. Note that for the anode and cathode, only the parts (20 μm) 
closest to the electrolyte interface are highlighted in the figure and the “zero” is assigned at the air 
channel/cathode interface.  

 

 
Figure 4:  The current density distribution along the main flow direction (x-direction). 
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Figure 5:   The potential difference distribution in the direction normal to the main flow direction at the inlet and 

outlet, for the cathode, the electrolyte and the anode. Note that for the anode and cathode, only the parts 
(20 μm) closest to the electrolyte interface are highlighted in the figure and the “zero” is assigned at the air 
channel/cathode interface.  

 

 

Figure 6:  The Nernst potential distribution along the flow direction for the case with 30 % pre-reformed natural gas 
as fuel. 
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Figure 7:   The current density distribution along the main flow direction with a 1:1:1:1 mixture of hydrogen, carbon 

monoxide, water and carbon dioxide at the fuel inlet. 

 

 
Figure 8:    The Nernst potential distribution along the main flow direction with a 1:1:1:1 mixture at the fuel inlet. 
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Figure 9:   The mole fraction distribution at the anode TPB along the main flow with a 1:1:1:1 mixture at the fuel inlet. 

 

 
Figure 10:   The current density distribution along the main flow direction with a 4:4:1:1 mixture of hydrogen, carbon 

monoxide, water and carbon dioxide at the fuel inlet. 

 

 30



 
Figure 11:   The Nernst potential distribution along the main flow direction with a 4:4:1:1 mixture at the fuel inlet. 

 

 
Figure 12:   The current density distribution along the main flow direction with a 2:6:1:1 mixture of hydrogen, carbon 

monoxide, water and carbon dioxide at the fuel inlet. 
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Figure 13:   The Nernst potential distribution along the main flow direction with a 2:6:1:1 mixture at the fuel inlet. 

 

 

Figure 14:   The mole fraction distribution at the anode TPB along the main flow direction with a 2:6:1:1 mixture at the 
fuel inlet. 
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Figure 15:   The WGSR rate (in mol/m3/s), within the anode with a 2:6:1:1 mixture at the fuel inlet. 

 

 

Figure 16:   The current density distribution along the main flow direction with a 6:2:1:1 mixture of hydrogen, carbon 
monoxide, water and carbon dioxide at the fuel inlet. 

 

 33



 

Figure 17:   The Nernst potential distribution along the main flow direction with a 6:2:1:1 mixture at the fuel inlet. 

 

 

Figure 18:  The WGSR rate (in mol/m3/s), within the anode with a 6:2:1:1 mixture at the fuel inlet. 
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